EowTePIKO YyIVOUEVO dIaVUOUATWV

1. Aivovral 1a diaviopata &:KT+7J, Ez(K—l)T+(K+X)T , ?':(K+25)T+5T Kal
5=(2x+A-5)i+(x-1)], kreR.
a) Av 1a diaviouata &,[3 gival napdMnAa, va anodeigete 61 ?'N/ 5.

B) Av Ta diavUouarta &,[3 dev €ival napdAnAa, va Bpeite Tn ywvia nou oxnudTidouv.

2. Aivovtal ta dlavuouaTta &,ﬁ ME |d| =] ‘ﬁ‘ =4 ko (&,B) =g. Na Bpeite Tov NpayudTiké

ap1Bué x yia Tov onoio Ta dlavdopata o —f kal Xa -+ ival kdbeta.

3. AivovtaiTa diavdouata a, [3 yid Ta onoia 1oxuel 6T |a| 2‘[3‘ Kal ( [§) 1B.Na

anodeiere 6Tl (d,B) = E .
3
4. Aivovtal ta diavicuata &,ﬁ,? ME ‘ﬁ‘zm |a| 7 Kal ZB+3y 5a . Na Bpeite Tn

ywvia Twv dilavuopdTtwv B kot y .

5. Av yia 1a diavicuara &,E IoXUEI OTI &J_ﬁ , (26c+[3) (oc 4[3) Kal ‘B‘ J2 ,va
anodei&ete 6T ‘&—Zﬁ‘ =23.

6. Av yia Ta Slaviouata 6,p 1oxuel 6T 6 L (d+B) (2(1 [3) Kal ‘a [3‘ J6,va

anodei&eTe o |a| 2 Kal ‘[3‘
7. Na Bpeite Ta Pé€Tpa TwV JIAVUCUATWV &,ﬁ yia Ta onoia 1IoxUel OTI: (&—B) 1L (&+[§) ,
(d:B) =§ Kal ‘2&+3E‘ -J19

8. Eotw diaviouara &,ﬁ yla Ta onoia 1oxUel 6T ‘3&+4E‘ =‘36L—4B‘. Na anodeitere ot
aLp.
9. Aivovtail ta diaviopdtd &,ﬁ yla Ta onoia 1oxUel OTI ‘B‘ =|6c| =2 Kal ( ﬁ) =—. Na Bpeite

didvucpad ¥ yia 1o onoio 10XUEl ?ll(&—ﬁ) Kal &J_(B—?).

10. Aivovtal ta dlaviopata o, yia Ta onoia IoxUel OTi: |&| ‘B‘ 6 Kal

(4&—2B) 1 (3&+4B) . Na anodei€ete 611 6. Lf.




11. Aivovtail Ta pn pndevikd diavuouata &,[3 yla Ta onoia 1oxUel OTI: (&+[§) L(d—B) , Kal

(d—ZB) 1 (2&+2B) . Na anodeigete 611 6. =.

12. Aivovral ta diaviouaTta &,ﬁ,?,g ME &:‘}:Tf’ 50 kai B:&—V. Na anodeiete oI
)
a)aLlp B)Av 7|5, 161 B=0
— =2 -
) . . o a+B e (1
13. Aivovtal ta Siavdopata a,f yia Ta onoid IoxXUel OTI: HZ -2 BZ - HB =1.
B p

Na anodeigete ot (& +f$) L (d —B) .
14. Eotw diaviouata ., yia Ta onoia IoxUel 6T (2& —B) 1 (&+[§) \ (& —ZB) L (2&+B) Kal
a B =-3. Na unoloyiceTte To cUVNUITOVO TNG Ywviag Twv SIavVUCUATwV &,B .
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15. Aivovtal ta diavdopata a,B,y Yia Ta onoid IoXUel 6Ti ‘B‘ =|?| =

(\/§+l)&=\/§ﬁ+?, 6 #0. Na anodei€ete 611 B L7y,

16. Aivovral ta dlaviopata a,f3 yia Ta onoia 1oxuel 6T |6c| :‘B‘ =1kal a L B. Na Bpeite

Siaviopata 7,8 yia Ta onoid IoxUel &Ti: 7//(&+[§), SL(2&+3B) Kal Y+8=0. .

17. Eotw diavUouata &,B yla Ta onoia 1oxuel T (&—Bﬁ) 1 (7&+ 5[3 Kal

(&+4B) L (76c+2[§) . Na unoAoyioerte Th ywvia Twv diavucpdtov &,ﬁ .

18. Aiveral napalnAdypappo ABIA pe ﬁ:&, Mzﬁ,|&|:l ‘B‘:Z Kal
(afB):z—; "ECTwAE | AB.

a) Na unoloyiceTe cuvapTAcEl TV &,B Ta diavuouara E, AE .
B) Na unoloyioete Tn yovia A.

19. Aiveral tpiywvo ABI™ e ‘FB‘ = \/g(\ﬁ—l), ‘E‘ = 2x/§ kal A =60°. Na unoloyioceTe TNV
ywvia BAM.

20. Aivovtal Ta povadidia Kdl pn napdAinia diaviouata &,E Kdl Td Un UNJEVIKA

dlavucuata 7,8 yia Ta onoia 1oxUel T 7 +48 =66+ 30, 27+6=50—p Kal

(7:8)=%-

a) Na ypdyete Ta diaviopata ?,8 W¢ YPAPHIKS cuvduacoud Twv &,ﬁ .




wla

B) Na anodei&ete 6T (&: ﬁ) =

21. Aivovtal ta diaviouatd &,B yid Td onoid 1oxUel 6Tl |&| =2, ‘B‘ =1, (&:ﬁ) - Eorw
Tpiywvo ABI ue AB=a+ ZB kal BL = 2&—6[§ . Na unoloyicete 1o unkog Tng dilapécou

AM ToOU TPIYyQOVOU.
22. Aiveral opBoywvio Kal IcookeAEG Tpiywvo ABI pe AB=a& kai AT = E .Eotw onpeio A
yld TO oroio 1IoXUEl BA = 2AT" KaiTo péco M Tng Al'. Na anodei&eTe oTI
1, I,
a) AA=§(OL+2B) B) AA L BM

23. Aivetar napalnAdypapuo ABIA pe ‘ﬁ‘ =3, ‘M‘ =4 kal ‘AT“‘ :\/ﬁ. Na unoloyioete
TO ‘ﬁ‘

24. Aivovtal Ta diavdopata o, B,y yia Ta onoia IoxUel 61l a+B+7 =0 kai

Na anodeigete 611 o TTE Kai B'N? .
25. AivovTal Ta Slaviouata 6,B,7 yia Ta onoid Ioxuel 6T 26.+B—7 =0 kai
|6c| = ‘ﬁ‘ = |?| .Na anodei€eTe 611 6.=—f =7.
26. Aivovtail ta diavioudTd o = (Xl,yl) Kal Ez (Xz,yz) . Av yia kdBe didvuopa § Tou
€MNéSou, I0XUEI 6T G.-7 =B-7 , va anodeifete T 6. =.

27. Aivovtal ta diaviouara &,B,? ME |6L| :‘ﬁ‘ :|7| =1. Na anodei€ere o1

—3<a-p+P-y+a-7<3.

28. Aivovtal Ta diavdouata &,B yla Ta onoid IoXUel &TI ‘E‘ =2 Kal |6c| = 2«}&-[?5—4 .

Na anodei€ete 611 6. =2 .
29. Av yia 1a diaviouara &,B IoXUEI OTI ‘&+B‘ < ‘d—ﬁ‘ , va anodeieTe 6T n ywvia Tov
dlIavVUCUATWVY &,B givar apBAeia.
30. Aivovtal ta diavuouata &,B yia Ta onoia 1oxuUel ot |6c| =2, (&,B) _r Kal
\5&+B\ =\2&—B\.
a) Na anodei&ete 6T ‘B‘ =6.

B) Na unoloyiocete 10 ‘3& + 2[3‘ .




. . L= R g ; 3=
31. Avyia 1a pn pndevikd Siavuopata o, 1oxuel ot oc-Bz|oc| , va anodei&eTe OTI ‘B‘ > |oc|.

32. Aivovrai ta diaviopara &,B,«?. Na anodeiete 611
a) |a-B|<|ail-[8 ) |a(7B)| <[B{[i |+ 7o~
33. Aivovtal Ta kd0eTa dlaviouaTta &,[3 ME |6L| =2, ‘ﬁ‘ :\/g. Na Bpeite didvuopa y ue

[1]=1 kan (ci.7)=30", (B7) =60

34. Aivovtal 1d pPn undevikd diaviouaTta &,B Kal Ta diavuouara y:HB, §=1-0G..
Na anodeiete 61 ‘& + [3‘ = ‘7+ S‘ :

35. Avyia kdbe A e R 1ox0e1 61 (&+M§) J_(k&—ﬁ) Kal ‘&‘ =1, va anodeiEete OTI

a)&J.[g Kal ‘B‘zl B) ‘4&—3[§‘=5

36. Eotw Ta un pndevikd diavdouata d,f,7 ue ‘ﬁ‘ =|?| kal B L 7. Na anodei€ete 61r:

(@-B) +(a-7) =a-p.

37. Aivovtal ta diavuouara &,ﬁ ME |6c| =1 ‘B‘ =2 Kot *,B) =
a) Na ypagei 1o didvucua X = 2(&~B)B+|&|&—(&-B+‘B‘)ﬁ wg YPAPMIKOG cuvduachég

TV &,[3 .
B) Na Bpeite To YéTpo Tou dlavUioudTog X.
v) Na anodeifete 6m1: X L ot .

38. EOTw ® N ywvia TV SIavUsHATRY o = (Xl,yl) Kal Bz (Xz,yz) . Na anodei&ete
om ‘&‘-‘E‘-num:‘det(&,[g)‘ .

— > > — —

39. Aivovtal Ta diavdopata o,fB,y,X yia Ta onoid IoxUer (&;()B =y+Xx (1).
a) Na anodeiEete 611 (B&—l)(&;() = && (2).

B)Av B-a#1, va unoloyiceTe To diIdvucua X CUVAPTACEI TWV o3,y .

-B+a?>0. Na Bpeirte 10
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41. Av yia 1a diaviouara &,B IoxUel OTI &ZB = (&ﬁ)& , va anodei&ere 611
— e -3 2 -2
a) allp B) (aB) =a’p’
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42. Na anodeiEete 61170 dilaviopata o, €ival napdAAnid, av kal pévo av

() =" (cp)

2

43. AivovtalTa diavUouata o, yia Ta onoid IoXUouv ol OXECEIG: oL = ‘a‘ﬁ

—

Kai Bz‘ﬁ‘& .Na anodeitete o1 &zB.

44, Av yia 1a diaviouata &,B IoxUel OTI ‘&+B‘+‘&—B‘ =2 kal &° +Bz =2, vd anodeitete

o G =1p.

— — — —|2
45. Avyia 1a un pndevikd diaviopata a, 3, X IoxUel 6T X =‘B‘6L+|&|B Kal |7(| =|6c|2 +‘B‘ , va
anodeiere oOTI;

a) [a] =f B) =P

46. Aivovtal ta diavicuata &,B ME |6c| = 2\/5, ‘[3‘ =2 Kai ((x : B) :% ."Ectw O onpeio Tou
eninédou Tpiywvou ABI yia o onoio 1ox0el 611: OA = &+3[§, OB= &+26 kal OF = 2&+[§ .
a) Na unoloyiceTe To pnkog Tou Uyoug AH Tou Tpiywvou.
B) Na Bpeite 10 P addv Tou Tpiyadvou ABI.
47. Aivovtal ta diavucpata &,E,«? yld Ta onoid 1ox0el 4TI |6c| = |?| =1 ‘ﬁ‘ =4 Kal (&Tﬁ) =§ )
Av (&+2?) L (5&—437), va avaAuceTe 1o didvucpa B o€ U0 N PNOEVIKEG CUVICTWOEG

napdAnAeg ota diaviopata a7y .

48. Na avaltoete To didvuopa a = (3,11) o€ dU0 CUVICTWOEG, Hia NapdAAnAn oTo

Ez(—l3) KAl Wil KAOETN oT0 P .
49. Na Bpeite Tn NpoBoAn Tou dlaviouaTog o = (6,8) oTo didvucua Bz (2, 1) .

50. Aivovtalta diavdopata o= i+ j kal B=-2i+8]. Na avalioete To f o€ dUo KABETEQ
MeTAEU TOUG CUVICTWOEG, And TIG OMOoIES N Wia va ival napdAnAn o1o o .

51. Av |6c| =2, ‘E‘ =1kai (&:B) = % vd Bpeite TN npofoAn Tou diavUopdTog y = 36L+2[§
navw o1o a. .

52. Aivovtail ta diaviouata a. =(4,3) Kal Bz (l 2) . Na Bpeite Tn npofoin Tou diavuiouaTtog

¥ =06+5p ndvw oto f.




53. Aivovtai ta diaviouata a. =(—4,3) Kal E: (4,2). Na Bpeite TN NnpofoAn Tou

dlavuopaTog 7:%(&-6)&+%‘[§‘2B navw oTo d .

54. Av o= (8,6) Kal B = (6,2) , va anodei&ete 611 Tpof- (&-FB) = goc

55. Aivovtal ta diavuouara &,B yla Ta onoia IoxUEl ‘&‘ =4, ‘B‘ =2 Kal (&,E)z%.

Na Bpeite Tov npayudTiké aplBuod A €101 WOTE va ICXUEL: Tcpo[3B (& + k[g) = 4[3 .

56. Aivovtal ta diavuocuara &,B yla Ta onoia IoxUEl |6c| = \/5, ‘[3‘ =2 Kal (&: B) :%.

Na Bpeite Tov npayudTiké aplBuod A €101 WOTE va ICXUEL: TcpoBd_Sﬁ (k& + B) =0.

57. Aivovral 1a dlavicuata &,E yla Ta onoia 1oxVEl |6c| =2, ‘[3‘ =2 Kal &~[§ =2.

a) Na anodeiEete 611 6 Jf .
B) Na unoloyicete Ta k,A € R yia Ta onoid Io0XUEL:
mpoB, (K& +(2- K)B) = 4k — 2\B

58. Eotw 611 1a diavuoparta &,ﬁ eival ol KABETEG cuvIcT®OoEeG dlaviouaTog ¥ JE |?| = 5\/5 Kdal

a =(3,—6). Na Bpefte Ta diavucuara &,6 .

59. Aivovtal Ta pyn pundevika diavicuata &,ﬁ yla Ta onoia 10xVel OTI: SE—npoBBd =0.
Kal &—4np0[3aﬁ =0. Na anodeiEete 6TI;

a) |a|=2[g|v3 B) (c0f)=

60. Av \7:&+2ﬁ ME o # 0kal (&,B):%, va anodeiEeTe 6TI: ‘npoﬁ&\j‘ :‘&‘—‘ﬁ‘

61. AivovraiTta dlaviopata o, pe o= 0. Na anodeigerte o1

if o fooni|-
E z

a) RPOB&B =

62. Av 0.0 kal wveR, va anodeikete 611 npof- (uB+v?) = u-npoBaB+v-npoBaT/ .

63. Aivetal Tpiywvo ABI ue A(1-3), B(-3,0) kai I'(4,4) . Av AA To Uyog Tou Tpiy@vou, va

UMNOAOYICETE TIG CUVTETAYMEVEG Tou dlavuouatog BA .




64. Aivetal Tpiywvo ABT pe A(3,-2), B(0,1) ka1 I'(4,5). Na Bpeite

a) Tn npofoAn Tng Al' otn BI'. Ti cupnépacpa npokunTel yia 1o Tpivwvo ABT;
B) Tn npopoin Tng diapécou AM otn BI.

65. Aivertal Tpiywvo ABI e (AB)=2, (AI')=6 ka1 A=60".

a) Na unoloyiceTe Tn npofoAn Tou Al' otnv AB.

B) Av M péoo tng BI', va anodei&ete 61 npoﬁﬁm = %ﬁ

66. Aiveral piywvo ABIT oto onoio ioxUel 4TI ‘npoBrB KF‘ :‘npoﬁﬁ KB‘ . Na

anodeitete 611 TO Tpiywvo €ival opOoydVIo N ICOCKEAEC.

67. Aivovral ta un undevikd diaviopata o, B yia Ta onoia 1oxUel 6Ti: Tpof. P = npoBB& .

Na anodei&ete 611 10 dlaviopaTta o, €ival ioa rn KABeTa.

68. a)Av yia 1a Siavuopata 6,B,7,8 1oxUel 6Tl 6-7 =G-8, B-7=P-6 Kal &Jrfﬁ, va
anodeifeTe 6T 7 =36 .

B) Av 1tpof, 7 = mpof,d Kal Tpofsy = TcpoBBS va anodeieTe 611 7 =6 .

69. AivoviaiTa Siaviopata 6,B,7 He |&| = ‘B‘ =2, (&: B) =g Kal § = X6+
a) Na Bpeite 1o X yIa To onoio To |?| yiveTal eAdxicTo.

Eotw X = —% . Na anodeiete 611

B) aly V) mpoPsy = 2P
70. Aiveral tpiyovo ABIM pe A =607, AB=4q , AT =B ME ‘B‘ = 2|6c| .Eotw M 10 péoco tng Bl

Kal cnpeio A TéTolo, WOTE 2AA+3AT =5AB.
a) Na anodei&ete 611 To B Bpioketal ueta&u twv A,

B) Na unoloyicete To ecWTEPIKS yivopuevo AB-AlT cuvaptnoel Tou |&| .
y) Na unoloyicete 1o ecwTePIKS yivopevo AA-AM cuvaptiocel Tou |&| .

0) Na anodeiete 61 AAM>90°.

€) Na anodeigete 611 B=90".
or) Na unoloyicTei n npofoAn Tou AA oTo TB.




Aivovrai Ta Siaviopara d=Ki +Aj , Ez(K—)\)?+(K+)\)i . V=(K+25)?+51 Kai
d=(2k+A-5)i+(k-1)], KAeR.

a) Av 1a diaviopara a,é gival napdAAnAa, va anodei&eTe 6m Y N3

B) Av Ta diavuouara a,é Oev gival napdAAnAa, va Bpeite Tn ywvia nou oxnuarti¢ouv

Auon

K A
K—A K+A

a) || <> det(d,p)= —0e K+ KA+ AP =0

KX+22=0<k=A1=0.
Téte 7=251+5], 6=-5i—] ka1 y=-55=7 T 5.

B) a;{ﬁewom;to.

GUV(OLB K- X)JFK(KJFX) = KR+ R+ o
|a|\;3\ Ji& %Z\/K 1) +(k+0) Ui 402 i = 20 + 02 44 + 26K +02
R ]

+A2N2K% + 202 \/K +2 24K 22 JK 12 f Mf 2

2 2
GL)V(&B ey ey

=
dpa (&:ﬁ)z

NP

Aivovrtal Ta diaviuouara q,B pe |6| =

~ =\ n
4 Kai (a,B) = § . Na Bpeite Tov npayuarnké
ap1Bud x yia Tov onoio Ta diaviouara a —E Kal Xd-+ E eival kGBeTa

Auon

Eivai &’BZ|&”[§‘GOV(&,6)Z1'4'61)\/%:4~%:2
IMa va €ival Ta diavoouara &—ﬁ Kal x&+ﬁ KAOeTa Npénel:
(6.—B)(xci+B)=0«
Xa2 +af—xap—p =0<
X+2-2X-4=0<
—X-2=0<
X=-2




3. Aivovral Ta diavliouarta G,B yia Ta onoia IoXUel 6T1 |6| = Z‘E‘ Kai (6 +B) 1B.Na
anodei&eTe 6T (G:E) = %
Auon

(a+p)Lp < (a+B) B=0eap+f’ :o@a.B:_\Br

GUV(&A E) _‘B‘ _‘B‘ ECIIVELPIN

|OLHB‘ 2|g]- \B\ 2‘5‘ 2 3 ( B) 3 3

4. Aivovrai ta diaviopara 6,8,y He ‘E‘ = |V| =5, |6| =7 kai 2B + 3y =5d. Na Bpeite
yovia Tov diavuopartwyv E Kaly.
Adon
Eivar [2§+37|=[56] < |26+ 37] =[56" = (26+37) =(50)" &
4 +1267+ 97" =256 < 4[| +12]f{fflovv(B.7) + o[ ~28[af
4-5? +12:5-500v(f,7)+9-5° 57" =

100+ 3ooouv(ny)+ +225 =175 <> 30060V (Efy) =150 <

(103" (B:?) = —% =X 1% (E:?) =ouvv120" , dpa (BT?) =120

5. Av yia ta diaviouara a,é Io0X0e1 6T A J_E , (26 +§) 1 (6 —4§) Kai ‘E‘ =J2,va
anodei&eTe o ‘6—23‘ g 2\/5 .

Auon

@¢

Lpe
(26.+B) L (” ) (26.+f)(c—4B) =020 86 + 6P -4 =0

20t =afff o] =VZ[f| V22 -2

628 =(a-26) =646 +45 = o +afff —4+8-12[si-28[- V12 -2\

Q¢

6. Av yia Ta diaviouara a,é Iox0e1 6T A J_E , (6 +§) L (26—(3) Kai \a_é\ = \/6 , va
anodeiere 4TI |6| = xﬁ Kai ‘E‘ =2

Auon

Q¢

Ql '(D¢

/—\

B) (Ot+|3)(2cx B) 0 207 —/q/ﬁ +2/a/§ 62_0c

Lpe
B)(




Bf ~2lef’ < p] = 2la
6—f|=v6 = (6-B) =6 >’ -2af +f =6 +|f =6 = af +2jaf =6
3|oc| =6®|oc| =2©|oc|—\F.

Bl =2la|=V2-v2=2

7. Na Bpeite 1a pérpa Tov diavuopdtov G,B yia Ta onoia 10x0e1 6Ti: (a—é) 1 (a +f3) ,
(afé) :g kar |28+ 3f| =19.
Adon
(6-5) 1 (645) = () @) =0 " =0 [ <[ = -f
|26+ 3| = V19 < (26.+36) =19 > 46% +126 p+9f* =19 &
o +12]0{plovv T+ ff[ =19 & 4laf* +6]al Jo] +9laf =19

196 =19 = d]" =1 d|=1

8. Eotw Siavuopata §,B yia Ta onoia 16x0el &Ti ‘36+ 4?3‘ = ‘36—4{3‘ . Na anodei&ere 61
alp.
AUon
3¢+ 48| = |36~ 4| < [3c+ 4] =[36~4f| <> (36+4p) =(36-4p) =
967 +246.-f+ 162 = 967 —246-f+ 162 < 48G-f=0<=a-f=0<a LB
9. Aivovtal Ta diaviouara a,é yla Ta onoia Iox0el 6T ‘é‘ = |6| =2Kal (6 : E) = g . Na

Bpeite didvuopa Y yia To onoio IoxUel ¥ || (E—E) kai a L (ﬁ —\?).

Ndon
&-B=|d”[§‘01)v£=2-2~%=2
E|vq|y||( B) ? k(& B) K(ﬂ&i(ﬁ—?)@d(ﬁ—?)—
G-f-6i-j=0d-p-a-(ri- m)@aﬁ A2 +A0B=02-M+20 =0 A =1

Tote y=a—-f.
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10. Aivovrai Ta Siaviopata 6,8 yia Ta onoia loxde! 61 |6 =2, \é\ = J6 ka
(4a-28) L (3a+4B). Na anodeitere 61 G L B
Avon
(46.-2p) L (36i+4P) <> (46 —2B)(3ci+4p) =0 <
1262 +166 -66p 8% =0 = 12/a[’ +10&B—8\B\2 =0 48+10Gp-48=0<
ap=0<=alp

11. Aivovrtal Ta pn pundevika diaviouara a,é yla Ta onoia 1Iox0el o11: (6+ E) 1 (a—é),
Kai (6 —ZE) 1 (26 + ZE) . Na anodeifete 611 a=B.
Adon
(@+B)L(c—PB) = (a+B)(c-P)=0= a2 F =0 |a = <|al=]f ®
(6i-2B) L (26+2B) < (ci—2B)(20i+2B) =0 26° +20i-B—4di-B-4p° =0

SR " "
2(6[" +2a-p-4[p] —0= 2|6 +26-p-4ld| =0 = a-B=d|

Eivai csuv(d?ﬁ) :%:§:1® (dAﬁ) =0, dpa 6 T B kai eneidn |&| :‘B‘ , €fval

12. Aivovrai Ta diaviopara G,B,y,d ue d = ‘Y”F .5, 5#0 kat B=d—V. Na
0
anodeikere otI:
a)alp B)Av V||, 161E B=0
Adon

&,B:(YS)ZW (+3)

W

0
Qi
—
=i
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Ndon
\MBV_Z%-B_[AEI (@48 2ap_p
ERECERG \B\Z B[ [pf
OLZ+;&-/B/+/K ;9(/ ﬁ —1<:>|6L|=‘B‘

Bf \ [

(a+ﬁ).(a—ﬁ)=a2—ﬁz=|a|2—\B\ =0« (6+f)L(c-P)

14. Eotw diaviopara G, yia Ta onoia I0XUE! 6Ti (26 —B) L (6 + E) . (6 —2§) € (26 + B)
Kal a E =—3. Na unoloyiceTe To cuvnyitovo TNG ywviag Twv dIaVUCUATWwV a,é .
Adon

(26.~B) L (ci+B) < (26 —B)(6+B) =0 < 26" +26.--ci-B—f =
206 +a-p-|f =0 2jaf -[f =3

(6.-2B) L (20+P) <> (ci—2B)(20i+B)= 026" +6i-B—46-B-2p° =0
2l —3a.[§_2\f3\2 ~0< 2ldf —2\[3\2 -9 (2

(1)— 2 :‘B‘2:12<:>‘[§‘—2\/§ kal and tnv (1) éxoupe

2l -12-3cs[of =2 -2 42
2
15. Aivovtal Ta diaviopara @B,y yia Ta onoia Ioxuel 6T ‘é‘ =|V| = \/L_’a | 1 Kal
(\/§+1)6 = \/§§+ V., a#0. Na anodei€ete 6m B L ¥ .
Auon
a L.
Eotw ‘B‘ |y| %—X,Tom |(X|=(x/§—1)7\,

[(\E+1)oc} =(fﬁ+y)2@(3+1+2ﬁ)a2=3BZ+2ﬁB-y+72@

(4+243)(V3-1) 22 =302 + 243 7+1% & (4+ 23 )(3- 23 +1)22 =42 + 2307 &>
(4+2\/§)(4—2\/§)x2=4x2+2\/§B.y@(16—12)x2=4x2+2\/§B-y©

M7 = 47+ 23 By =0 P L7

12



16. Aivovral ta diaviouara a,é yla Ta onoia Iox0el 6T |6| = ‘ﬁ‘ =1kar a.l E . Na Bpeite

Siavuopata ¥,d yia Ta onoia Ioxuel 6T: \7//(6+|§), 5.1 (26+3B) kal y+3=4a.
Auon

I(6i+B) <7 =1(c+B)=rc+1B, LeR

+8=6<d=0-F=a-h-Ap=(1-1)o—Ap

1(26.+3B) < 5(26.+3B) =0 <[ (1-1)6— AP |(26.+3B) =0 =

(o2l L

2(1-1)a ~3(1-2) of ~205f 30 =0 2(1-A)[af ~3[f =0

2 2 = < 2 2. 3. 2.
2-20-3A=0A==.Tote y=—(a+ S=l1-Z|la-Sp=2a-=
c o1e 5(oc B) Kal ( Sja SB 5(1 5[3

17. Eorw diaviouara a,é yia Ta onoia 1ox0e1 4TI (6—3§) 1 (76 + SE) Kai
(6+4B) L (76+ 2|§) . Na unoloyiceTe Th yovia Tov Siavucpdtov a,p .

Auon

(6.—3B) L (76.+5B) < (6.—3p)(7ci+5B) =0 <> 76° +56i-f — 216.-p 153" =0 <
762 —15p2

76° -166.-p-156° =0 = o =a-p (1)
(a+46)¢(7a+2[§)@ (a+46)(7a+26)=0@7a2+2&-[§+28&-B+8ﬁ2 =0<
7a2+3oa-B+8B2=o@W=a-ﬁ (2)

762 —158% 762 —8p?
/16/8 = /30/15

1616 =161Jf] = |af =§ <] =[f].

2 =2 2 —~12
A6 Tig (1), (2), eivar < 105]af —225|f| =-56|ci[ - 64| <

|2

7|a]" -15|a __|a_

()=a B= T 5

. B _E |&2 2
. _~=\ O ~\ 27
R T i e

18. Aiverai napaAAnAdéypapuo ABIA pe AB = a, AA = E , |6| =1, ‘B‘ =2 Kai
(a . B):? . Eotw AE | AB.

a) Na unoloyioete cuvapmoel Twv Q,B Ta diavoouara AE, AE.

B) Na unoloyicete Tn ywvia A.
Adon
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= = o 1
a) a-B=la Z_o12|-=l=21 E A
) a-B |OL”B‘GUV3 ( 2] - R
Eivar AE|| AA <> AE = AAA
ﬁ-ﬂzﬂ-npoﬁmﬁ®&-ﬁ=ﬁ-ﬁ©
1 B r

—2
1=\ ©—-——=A
P 4
— 1l = . 1. 5
Apa AE=—"AA. AE=AA+AE=—H--f=->
e 2 B-yB=—2P
AA-AB  G-f 1

— o A=120

B) cLVA = ‘MH@‘ = |6t”l§‘ =3

19. Aiverai tpiyovo ABI e ‘ﬁ‘ = ﬁ(\ﬁ—l), ‘ﬁ“ = 2\/5 kai A =60°. Na

unoAoyicete Thv yovia BAM .
Adon

ﬁ-ﬁ:‘,@‘-‘mmm=ﬁ(ﬁ—1)-2ﬁ-%=3(ﬁ— )

Eivai M/&E(ﬁvtﬁ”) Kal
2

2

2 1 — —

AM =3(E+E) —(E2+2AB-AF+AF2)@ 5 y
4 4

mz:%Oﬁr+2ﬁ3-ﬁ"+‘ﬁ“2):%(3(\5—1)2+6(\/§—1)+12j<:>

AM =%(3(3—2\/§+1)+6\/§—6+12)=%(12—54?+§4§+6)=%@ ‘M‘=¥

AN AB-(AB+AT)

AB’ +AB-AT

cuVBAM= AB-AM = _ -
Bl (a2 33(VB-1)\2
2
BAM_3(J§_1)2+3(J§—1)_3(3—2j§+1+J§—1)_ 33 R
U sB(Bgz T AB(B-)E (s 2
BAM=45

20. Aivovral Ta povadiaia kai un napdAAnAia diavicopara E,E Kal Ta gn JNdEVIKA

Siaviopara y,d yia Ta onoia 16x0e1 6T Y +48 =6a+3B, 2y +0 =5d—p Kai
_~=\ N
,6) =0
(V:8)=3
a) Na ypayerte Ta diaviouara \?,S WG YPAUMIKG cuvduacusd Twv a,é .
n

B) Na anodei&ere 61 (6: E) = 3

e ————
14




Auon

a) 7+45=66.+3B <y =60+3p—45 (1)

. e L R L .
29+8=56—f = 2(66+3F—43 )+8 =5 B <> 126 + 65— 85+5 = 56 —f <>
—785=-Ta-Tp<=d=a+p
(1):>?=6&+3[§—4(d+[§)=2&—[§

B) &-B=|&”B‘GUV(6L:E)=GUV(&:B). Eneidh —1< cuv(&:[g)sl, gival 1< &-le
i :(2&-6)2 :4&2—4a-;§+62=4|d|2—4a-;§+\;§\2= 5— 46§ < [f|= \/5- 4d-B
‘Sr =(6L+B)2 =a%+2a.-p+p> =|d|2+2&-[§+‘ﬁ‘2 =2+ 20-Bp= ‘S‘z 2+ 208

7-8=(26-B)(c+P)=267+20-f--p-p2=2a[ +a-p- | =1a-pe

WHS‘cmvg:3+6L-[§<:>%\/5—4d-[§\/2+ 26-f=1+d-p (2)
Ensidn 1a &,ﬁ dev gival napdAAnAg, gival cov(&: ﬁ) #+1, dpa &-[3 # 11, ondte
upvovTag Katd péln otn (2), EXous:

. 7 . \ . .
%(5-4&-[3)2%:(1@-5) ©5-46-f=2(1+d-f) < 5-46-B=2+20-f <

A

&.B:3<:>&-B:%<:>|&”ﬁ‘cov(djﬁ):%@ oLV (d,B): %@ (dfﬁ): g

(o]

21. Aivovrai Ta diaviouara G,E yia 1a onoia 1ox0e1 61 |6| =2, ‘é‘ =1, (G:E) :g .

Eorw 1piywvo ABI pe AB = a+2§ kai Bl = 26— GE . Na unolAoyioceTte To gfAKkog TNG

olapécou AM Tou Tply@vou.

Ndon
A
. ~ = 1.5 i 1
Eivai a-B_|a|-‘[3‘51)v§_2.]{_§]__1
Ty T P
AM:AB+BM:oc+2[3+§Br:a+25+E(2a_6B):Za_B
B M

(AN = (20~ = 4% ~4d.-p+f° =4[ - 4+]f] =

‘m‘=16—4+1=13@‘m‘=\/ﬁ

22. Aiveral opBoydvio kal Ic0oKeAEG Tpiywvo ABIT e AB =@ kai Al = ﬁ ."Eotw onpeio

A yia 1o onoio 1oxU€l BA = 2AT kai 1o péoco M Tng Al'. Na anodei&ete omi:
o) AB =2 (a-+2) £) AL LBM

Auon

15



a) Eivai §+E=§©ZE+E=E—EQSE=E—&©

r
— 1,
AF=§(B—OL) .
o o 1.\ 3B-P+d 2PB+ad 1. -
AA=AF+FA=B—§(B—OL)= 3 =§((x+2ﬁ) M
B) Eival Wzﬁer:—dJr%B:B_zza Kal A °
. . 0 . . _ 0 2 -2
M'W:mzﬁ_ﬁ—za:yﬁ —2a*+2p*-4gf _ —2df +2[f 0w AX LBM
3 2 6 6
23. Aiverai napalAnAéypappo ABIA pe ‘ﬁ‘ ‘AA‘ 4 Kai ‘AF‘ 3 Na
UnoAoyioeTE TO ‘Iﬁ‘ .

Adon
‘E‘z\/ﬁ@(ﬁ+ﬂ)2:13<:>E2+2E.AK+AK2=13<:>
‘E‘2+2@-FA+‘M‘2:13@2@-M213—9—16:—12<:>@-M:—6

= (Ad- AB) Mz—zﬁ-ﬂ+ﬁzz‘m‘ —2(- ‘AB‘ ~16+12+9=37 < [BA| =37
24. Aivovrai Ta diaviopara a B Y yia 1a onoia Iox0€1 611 a+B+y 0 kai |2£|_LE‘=|51|.

Na anodeitere 6n a 716 kan B Ty .
Adon

a’ 1pénocg (xwpic ecCWTEPIKS YIVOUEVO)

Eoto @:@:@:bo,mm | =22, |B|=3, []=51

+B+7=0<=G+p=—7 Kai ‘&+[§‘=|—?|=|?|=57u.
g |a|+ ‘B‘ 5\, dpa ‘&+B‘—|&|+‘[§‘<:>&TT[§

Ql

Suw

Ga+Pp+7=0<p+y=—a, dpa ‘B+y‘ |-a| =|a|=2x.
Ouwe \B\—|y”=|3x—5x|=2x, dpa \B+v\=HB\—Iv”©BTW

B 1pénoc¢ (e eCWTEPIKS YIVOUEVO)

Eom)@zg @ A >0, 16t€ |6 =22, ‘[3‘ 31, [¥]=51
6+f+7 =0 6 +f=— =[a+f=|-1] < @+ =[i < (d+B) =257 =

16



G2 +2a6.-B+P? =250% < 4N +26-B+9A2 = 2502 < G- =612
Ay aB BA
GUV(OL’B)_|&|.‘B‘ T 2030

=1@(af[§)=0°®aTTB.

Opoia BTy

25. Aivovrtail Ta diaviopara G,E,V yia Ta onoia 1ox0€1 61 24 +§—? =0 kai
|a| = ‘E‘ = |V| .Na anodei€ere 611 G=—p =V .
Aoon
20+B—7=0<20+p=7 = ‘2&+[§‘ =y = ‘2&+[§‘2 =i’ = (2&.+B)2 =i’ =
462 +46.-B+p% = |17|2 < 46-B= —4|6c|2 +|3?|2 —‘E‘z =N
46.-p=-4la| +|a| ~|d| =-4la[ = a-p=—|af
~ 2
cuv(&jﬁ) |&| ‘%‘ |&I(.)|L|&| =-lo (&TB) =180 < a TV B.
Enedn a T B kai |oc| =‘[§‘ , eival 6.=—P

2&+B—y=6@[§—”=—2d:>\ﬁ—?\=|—2&| o[p-if =[-2 o (§-7) =4l =

‘B‘ +|y| 4|OL| —2[3 y<:>2[3 Y= |OL| +|a| 4|a|

cuv(ny)= E'? - _|‘_X =—1®(B y) 180° = BN 7

Eneidn B'Ny Kal ‘B‘ |y| givai B——y

26. Aivovrai Ta diaviopara d —( 1) Kai E: (xz,yz). Av yia kKG0e didvuopa y Tou

—

eninédou, 10x0e1 6T -y =B-Y, va anodeifete 611 A=P.
Adon

Eotw 7=(x,y), 1ére: G- =BT S XXFYY =X X+Y,Y < XX+Y,Y X X—Y,y =0
(X =%, )x+(y,=y,)y=0 (1).
Ma va ioxvel n (1) yia kaBe X,y e R npénel X, —X, =0 X, =X, kary, -y, =0y, =Yy,.

Apa 6 =p

27. Aivovtal 1a diaviouara a,é,v HE |6| = ‘B‘ = |V| =1. Na anodeiEete OT1I

— >

-3<a-B+B-y+a-y<3.
Adon
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_33&.B+B y+o-y<3< 3<|a| ‘B‘GUV(OL B) ‘B‘ |y|cn)v([3 ) |oc| |y|GUV(OL y) 3
—3<11csuv( B)Jrllcsuv(ﬁ y)+11cmv(oc y)<3<:>
—SSGUV( Aﬁ)+csuv([3 y)+60v( )< 3 nou 1oxVel yIaT:

Y vV (dj§)+ 00v([§?7)+ GLV (df«])s 3

= Q4
=<
N —
IA
(BN
|
w
IA
Q

28. Aivovral Ta dilaviopara @, yia Ta onoia 1I6XUe1 6TI ‘ﬁ‘ =2 Kkai |6| = 2«}6-&—4 .

Na anodei€ere 611 a=2B.
Adon

6| =25 -4 < af :4( /&-5—4)2 & 6* =4a-f-16< 6” = 4a-f-4ff o

6% ~46-p+4F* =0 (0-2) =0 da=2p

29. Av yia ta diaviopara q,B 1ox0e1 6m ‘6 + B‘ < ‘6— B‘ , va anode&i&eTe 611 N yovia Twv

SlavucoudaTwv a,é eival apBAeia.
Adon

6+ <[l = fo+Bf <[] = (a+B) <(a-p
@ 124 B+R @ —2q.- B+E\<:>4oc B<0<|d- ‘B‘cmv( )<0<:>cuv(oc[3)
dpa (oc,B)>90 .

) =

30. Aivovtal 1a diaviouara a,é yla Ta onoia Iox0el 6T |6| =2, (a é) =— Kal
56+ | =[2a- g
a) Na anodeitete 611 ‘E‘ =6

B) Na unoloyioerte To ‘36 + 2{3‘ .
Adon

a) ‘5&+[§‘ =‘2&—B‘ <:>(5&+B)2 =(2&—B)2 = 256:2+106L-B+J§Z =402 —4&-[§+ﬁ/<:>
25|6]" +146.-B-4(d] =0 214+ 14|a|-\6\cov2—;= 0e

84—14-2-‘B‘-%=0<:>14‘[3‘:84@‘E‘:G

e ————
18




B) ‘3a+26‘ 3a+2[3) =962 +126.- B +4p% = 9la[ +12|a- ‘B‘GUV—+4‘B‘

‘3(x+2[3‘ =36-72+144 =108 < [3d + 26} = /108 =6+3.

. . s e e . .
31. Avyia Ta un undevikd diaviouara a,p 1ioxuel 611 4-B = |a| , va anodei&ere 6m
‘B‘ >ldl.

Noon

o5t = ow{a)- b o)

’ -\ﬁ\ \B\ |
Eivai csuv( )<1:>‘ ‘ <1<:>|0c| ‘B‘
32. Aivovral 1a diaviouata a,é,v . Na anodei&ete om:
o) |a-B|<[d B ) [a(v—)] < [B[lv-ai + ¥[a-
Ndon
a) ‘(x [3‘ “OL| ‘B‘GUV ‘ |(1| ‘ﬁ‘ GLV OLB ‘ |oc| ‘B‘ yiati csuv( ﬁ)‘ﬂ

B) Mg Bdon 1o nponyoUuevo epwTnad, givatr:
Bl[7—ci|>[B (7~ )] = -7~ -B| (1) ke [ ~B|=[(c:~B) =[-7-B-7] (2
AnS (1)+(2)=> ||| — ai|+[7]|ci~ B| > |B- v —oi- B| +|oi-7—B-7]

Anod T IBIATNTEG TWV ANSAUTWV TILWY, IoXUEl OTI: |x| +|y| > |x+y| , OnATE:

{17+ | —F] 2 B 7 ci- Bl |- 7-B-7| |54 —-B+ -7~ 7| =[ax(7-B)

33. Aivovral Ta kKaBera diaviouara a,B He |6| =2, ‘E‘ = \/5 . Na Bpeite didvuopa y pe

V=1 a (afv) - 30°, (é fv) - 60

Noon

e | A 3 = =) L n 1 3
Eivar a.-y =|(x|-|y|csuv(a,y)= 2-1~§=«/§ Kal B~y=‘B‘-|y|cuv([3,y)=x/§-l~§=%
Encidn kdBe didvucpa Tou eninédou ypAgeTal e Jovadikéd TpANo we YPAUUIKOG
ouvOUdoNSsG TV &,E , undpxouv K,A €R Té€T0I01, OTE : ¥ = KGH—}\.B. Tote:

d'yz\/§©&'(Kd+7~B)=\/§©Kﬁt2+7u§t’€0=x/§<:>4l<=\/§k<:>1<=@
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B-?=§eﬁ (Kd+%B)=§©KQ§O+kBZ=§©3x:§©x=§
v = 3. \E” _ 3 . \E\E# 35
|y|—1<:>( PR B] =le s +2 16 il +36B PN
3. 4+i 3= 1<:>3+i—1 IoxUel. Apa y—£a+£ﬁ
16 12 4 4 4
34. Aivovtal Ta un UndevIKA diaviouara aB Kal Ta diaviouara y = {:{4 EE .
a

Na anodeitete 611 ‘6 + é‘ = ‘\7 + 5‘ .

Auon

‘?+S‘2 =(7+S)z =7 +27-5+8° =[@&} +2E&EB+{@EJ <

) B

y+ ‘ _WW+2‘B‘|Q|QB+ J;x[[ 0L+20c[3+[3 (oc+B) ‘oc+B‘

‘y+8‘ ‘oc+[3‘

35. Avyia kdBe A € R 1ox0€1 6T (a +)\|§) V4 (Aa—é) Kai H =1, va anodei&eTe OTI:
a)aLE Kail ‘é‘=1 B) ‘48—3&‘:5
Adon
a) (&+M§)L(k&—[§)@(&+k§)(k&—[§)=0<:>
Moo —of+220B—Af =0 &Bx2+x(&2—[§2)—&[§=o (1)

H oxéon (1) eival e§iowon deutépou Babuol wg npog A Kal yia va aAnBeUel yia KABe

a-B=0 o

—2 =2 oalp OLJ_B
AeR npéner o —f =04,

G0 {\a\ I {\a\ =1

B) ‘4&—3[3‘2 - (4&—3[3)2 — 160 —240-B+9p = 16‘&‘2+ 9@2 —16+9= 25>
‘4&—36‘ =5
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36. EoT® Ta pn pndevikda Siaviouarta G,B,y e ‘ﬁ‘ = |\?| kai B Ly . Na anodeiEete 6T

(a-B) +(a-¥) =B

Auon

(6-B) +(6-7) =5 F* o (|d”ﬁ‘cov(d,ﬁ))2 +(|d||y|<mv(&,y))2 ~(af f &

ot i 55
—_ — 2 —_ —

Eivai | a,

—_
ges)
~——
I

©
<
—_

G\)V( ) cuv[go

|
'

ouv(a ):w[ 70" -

oov| if)- _cw[

n oxéon (1) 1oxUEl.

37. Aivovral 1a diaviopara a,é He |6| =1, ‘é‘ =2 Kai (a,é) =

n
3"
a) Na ypagei 1o didvuoua X = 2(6 . ﬁ)ﬁ + |6|6 — (6 B+ ‘é‘)f} WG YPAUUIKOG oUVOUAoUOGg

Tov G,B.
B) Na Bpeite 10 péTpo Tou diaviouarog X .
v) Na anodei€ere 6m: X L Q.
Adon

a) Eivar 6.-B ﬂd”ﬁ‘cmv(d,ﬁ) :1~2~csuvg: 2%: 1, onérte 10 didvuopa X yiverar:
X =2(&-6)6+|&|&—(@B+\[§\)6= P+a-(L+2)f=c—-p
B) X =[o— [ =(ci-B) = +26 p+f =fa +2 1+ =1+2+4=7 (=T

¥) 6-xX=a-(6-B)=a’-a-f=|d] ~1=1-1=0d L X
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38. Eot® O n ywvia Tov Siavuoudtov a = (XpY,) Kai B= (X,,Y,)- Na anodeigere
om ‘a‘-‘é‘-npm:‘det(a,é)‘ ).
Adon

XY

2 2

‘&‘ ‘B‘ ‘NMHoO = |le2 - X2y1| =

Eiva det(a,ﬁ) = =X,Y, —X,Y, dpa n oxéon (1) yiverar:

(‘&"‘ﬁ"num)z = |X1y2 _X2y1|2 =

‘&‘2 ‘ﬁr nule= (xly2 —Xzyl)2 =

2 2

B .(1— csovzo)) =(xy, - x2y1)2 o
2 ‘B
(Vi) - (ErvE) ~(aB) =k, —xoy)

(€ +¥2)- (6 +¥3)~(xX, +yay, ) = (XY =%y, ) <

2,2 2.,2 2,2 2,2 2,2 2,2 2,2 2,2
X X5 XY Y X +Y1Y, =X X, _2X1X2y1y2 +Y1Y, =XY; _2X1y2X2y1 +X¥, <

(0

—12 |=|2 — 2 2 2
‘a‘ ‘[3‘ —‘oc -GLV wz(xlyz—xzyl) =

2.,2 2,2 2,,2 2,,2 e
X7Y5 HYiX5 —2X XYY, =X1Y5 —2XY,X, Y, +X5Y; I0XUEL

39. Aivovral ta diaviopara a,é,i,,i yla Ta onoia I6XUEL: (a-x)-é = §+; (2).
a) Na anodei&ete 6T (é . 6—1)(8-;() =y-a (2).

B) Av B-a =1, va unohoyioceTe 10 didvucpua X cuvapTnoel Twv q,B,y .
Adon

a) Eneidn (&i)ﬁ:hi , IoXU€l OTI: (X'|:((X';()'B:|=(X‘('Y+X)<:>

(&-i)-&-ﬁ:&-h&-ie(&-i)-&-ﬁ—&-i:&-{c(&-i)(&-ﬁ—l):o?&
B) Ensidn f’)-&il, gival &-B—l;to,dpq n oxéon (2) yiveral: &.izﬁy;“l
.a_
Ano Tn oxéon (1) éxoupe:
6 X) Byt xes Xm0 K)Foy = L0 oy
(oc.x).[?)_y+x<:>x—(oc X)B y_ﬁ-&—lﬁ Y

40. Aivovral Ta pn pundevikd diaviopara a,B pe a-B <0 kai a-B+a? > 0. Na Bpeite
10 didvuopa X yia 1o onoio I6XUEL: [a (Y( + é)]f( + [i(a +X ]E =0.
Adon
Av X J(B TOTE:
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- Av &(X+B)¢O,T6Te [&(X+B)}X+[X(&+Y<)]B=6<:>7<:—§((zigﬁz>>?||[§ darono.
Av X(G+X)=0, 1618 [&(X+B)]x+[x(&+7<)}[§=ﬁ@ﬁz—z((;:zgizillﬁ drono
{a(mﬁ):o L .
Apa =a-X+a-p=a-X+X" <X =a-B <0 nou eival drono.
X(a+%)=0
Apa X|| E SX= Xﬁ, onAdTE N ApXIKA oxéon YiveTal:
[a(xmﬁ)}xﬁ{xﬁ(amﬁ)}ﬁ=6@(xa-B+a-B)xB+(xa-B+x2B2)B=6@

xZ(a-B)B+a'B(xB)+(m-B)B+(xZBZ)B:6@[xz(a-ﬁ)+2x(a-[§)+x2ﬁ2 =0

Bzﬁ nou eivai drorno n

22 (-B)+ 2 (a-B)+ %P2 =o@x[(a-[§+62)x+2a-[§]=o@ A=01
(ci-B+B*)r+26-=0.

Av A =0, 161 X=0

Av (6-B+B?)r+26-B=0(1) T6TE

av 6-B+p% =0n (1) yiverar 26.-f =0 nou eivai drono, evd av a.-p+p2 =0 161e

41. Av yia 1a diaviopara @,B 1oxuel 611 G°B = (6 . B)a , va anodeitere om
o> . —\2 e

a) Gllg B) (a-B) =dp’
Adon

a)Av 6 =0, 161 G ||B.

Av 6. =0, T61E &Zﬁ:( -B)&@B:a B&:ﬁlld.

Qi

42. Na anodei&ere 61 1a diaviopata q,B €ival napdAAnAaq, av Kai yévo av
2

(§2+a.§)2:§2(a+§) .

Auon

Eotw ¢ n ywvia Twv dilavuoudtov o,f3, TOTE:
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(") =F"(c+B) =
() 428" (o B)+ (0 B) =P (" #2055 >
(8°) 428" (o B) (o B) =" 728" () ')

— \2 =2 =2

(a B) =a f &
—|= 2 —12 =2
(‘a‘Bcowp) =la| B| <
2 =2 e
a| |B| coveo—|a| |B| =0
—12 |2
‘oc‘ B (GUVZ(p—1)=0<:>

—|2 —12

=0 n PP =0 n cov'p=1s
a=0 B=6 covp=1 N ocuvvp=-1
apa ollp p=0 =180

dpa olp

43. Aivovtal Ta diaviouarta q,f yia Ta onoia 1I0XJouv ol GXECEIG: a = ‘O‘B
Kal B = ‘B‘a .Na anodei&ere 611 a=P.
Adon

- = — — —

Av‘&‘zo,Tc’)Te &:0, B=0,onoéte o =P.
Av‘&‘io T6TE and Th oxéon oL = ‘&‘ﬁ EXOUVE:
ol el ) |8
il e - < e

Toéte and Tn oxéon P = ‘B‘a npokunTel 61 B=a.

44, Av yia 1a diavOouara a,B 1oxuel 6Tl ‘6+§‘ +‘6 —é‘ =2 ka1 & +B* =2, va
anodei&ete 6m a=1B.

Ndon
j6i+f+|o-f| =2 (\a+B\+\a—B\)2 PN \mﬁr +2\&+BH&—B\+\&—B\2 PN
(&+B)2 +2‘(&+[§)(&—B)‘+(&—B)2 =4

&2+;§t-/ﬁl+[§2+2‘6L+BH&.—B‘+6L2—;&'/B/+BZ =4

2(&2 +[§2)+2‘6L+BH6L—B‘ =4 2-2+2‘&,+EH&—B‘ =4
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2l +f|[6i—f[=0< |a+B|=0 A [a-f=0

Apa 6+Pp=0<=a=-Bn a—P=0<=a=p

45, Av yia Ta un pndevika diaviouara a,é,i 1I0X0€l OT1 X = ‘B‘é+|ﬁ|§ Kal |)?| = |6|2 +‘E‘2,
va anodei&ere otI:
a) [a =g B) =B

Auon

‘ﬁ‘d‘+‘|&|{§‘ =‘[§Hd|+|6c”[§‘ = 2|d”ﬁ‘, opwg |7(| =|6L|2 +‘Br, dpa

a) Eivai |§(| = Hﬁ‘&+|&| B‘ <

6 + B[ < 2161 [f| < foft +[F[| ~2/ai[f|< 0= (i6] -[f|) <0 |6} |- 0= fi|= ]

B) Eivai |7(| :|6c|2 +‘B‘2 =|6c|2 +|6L|2 = 2|6c|2 Kal X =‘B‘&+|&|B=|&|&+|&|ﬁ= |&|(d+[§), onéte
%] = il i+ B)| = it + B| = 2Ji " it + B = 0 <= || 2f~ e + B} = 0=
|&|=0<:>6L=6 nou eivair aduvarto A

- ~ 12 2 ~\2 2
2|6i| |6+ B| = 0 <= |6+ B| = 2Jci| = 6+ B[ = 4[| = (6i+B) = 4o <
67 +26-f+ =4[ o faf + 20 B+ [ = 4fd* = [af + 26-p+[af = 4 =
26-p=2la] ap=|af.
G

Eival cmv(&,ﬁ)zﬂz = —1, dpa (&,ﬁ)zO" kai & TTB.

BRI 2

[ol[B] llle] e

Eneidh 6. T B kai |&|:‘[§‘ eival 6.=p.

46. Aivovtal Ta diavicuara a,é HE |6| = 2\/5, ‘E‘ =2 Kai (6 : E) = g ."Eotw O onpeio
Tou emnédou Tpiywvou ABI yia 1o onoio 1ox0e€1 6TI: OA=a-+ BE, OB=a-+ 2§ Kail
or =2a+ B.

a) Na unoloyicete To ynKog Tou Uyoucg AH Tou Tpiy@vou.

B) Na Bpeite To euPBadsdv Tou Tpiymvou ABI.
Adon
A

a) d-ﬁz|&”ﬁ‘c\)v%=2\/§-2-§=6
B[ =0l -OB=2G6+P-da-2p=a—P,

BA=OA-OB=a+3p—da-2p=, 5 -
—2 —\2 - — — —
Eival ‘BF‘ =(a-p) =&2—2&-B+[32=12—12+4=4<:>‘BF‘=2, ‘BA‘:‘B‘:Z

ApXIKd Ba unocloyicoupe To ‘ﬁ-l‘ .

e ————
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BI*-BA = BT mpofi, BA =BI"BA & (20—~ 2) = (o~ )= or] jos]
G-f—p? =2‘ﬂ‘@6—4=2‘ﬁ‘@‘ﬁ‘:
Anod 1o nubaydpelo Bewpnpua oto Tpiywvo ABH, €xoupe:

BH| +|HA|" =[BA]" < 1+ |HA]” =4 < [HA[ =3 = |HA| =3
BH +[HA| =[BA| = 1+ |HA| =4 = HA] =3 = A

B) (ABr):%‘ﬁHM‘:%.Z.@:@

47. Aivovtal ta diaviouara E,B,V yia 1a onoia 1oxUel oTi |6| = |V| =1, ‘E‘ =4 Kai

(a B) =—.Av (a+2y) L (5a-4y), va avahioeTte 1o Siavucua B o€ dUO pn
pn6€V|K£q ouvioTwoeC NapdAnAeg ota diaviouara q,y .

Auon

a-p= |OL”B‘GUV( ) 1.4. GUV——4 %zZ

(oc+2y) (50c 4y) (oc+2y)(50c 437)=Oc>5&2—4&-?+10&-7—872=Oc>
5+6a-y-8=0<a-y==

Eotw El,Bz Ol CUVIOTWOEG TOU B ME E1||& Kal BZ |y.Tote BlzK& Kal BZ =Ay,KAeR.
Eivar 6-B=(B,+B,) = 2=6-B,+0-B, <2=a-(xd)+d-(1j) =

2=K6L2+7\,(6,-'Y)<:>2=K+%<:>7\.=4—2K (1)

- . @
B = (B, +8,) =(x6+27) ©16=x% + 26467 +177 & 1 +10h+2% =162
1<2+1<(4—21<)+(4—21<)2 =16 =k’ +4k—2k* +16 - 16k +4Kk* =16 <
3K2—12K=O<:>3K(K—4)=OZ§K=4.Tc’)Te (1):>7L:—4.
Apa B1:4& Kal BZ =—4y.

48. Na avaluocete 10 didvucua d = (3,11) o€ 000 CUVIOTWOEG, Jia napdAAnAn oTo
B = (—1,3) ka1 pia kGO oTO B.

Adon
Eotw d.,,Gl, Ol CUVICTWOEG Tou G e d, ||B kal 6, L. TéTe:
A, |Ip<a6,=Ap kal d, LP.
G- =Prpopya < 3-(-1)+11:3=p-1p <= 30 =1 <

2
A 4/(—1)2+32j =30 101 =30 < A =3, dpa &, =3p=(-3,9)

+G, &6, =6-d, =(3,11)-(-3,9)=(6,2)

e ————
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49. Na Bpeite Tn npoBon Tou diavicuatog d=(6,8) oTo diavucpa B = (2,1).

AUon
mpofd[| B < mpofyci =1p
G- =PripoPci < - f=B-(AB) < 6-2+8-1=1f" <
2
x(\/22+12) — 20 51L=20 =4

Tote mpop;o = 4p= (8,4)

50. Aivovral Ta diaviopara d= i +i Kai B =-2i+ 8] . Na avaldoete 10 E o€ dUo

KABereg HeTa&l Toug CUVICTMWOEG, and TIG ONoIEg N Wia va gival napaAnAn oTo d.
Auon

Eotw El,BZ Ol OUVIOTWOEG TOU E ME E1||&. Eneidn Blj_ﬁz, Ba eivai kal &J_Bz.
Eneidn Blllci eival Blzk&=l7+7J. Eivai
&-B:&-npo[}aﬁ@dﬁ:&-[31<:>(T+17)(—27+8]T):(T+T)(XT+XT)<:>

— — 0 — 0 — — — 0 — 0 Y
2i2+8)4] —2)4 +8j2=ni?+2 )] +ajd +AfF o
2+8=A+A =20 =6<1=3.Téte B, =31 +3] kal
B=Bl+[§2 <:>[§2 =[§—[§1=—27+8T—3T+3T=—57+11T.

51. Av |6| =2, ‘ﬁ‘ =1 kai (afé) = ? , va Bpeite Tn npofoAn Tou diaviocuarog
Y =3d+2B navw oTo 4.

Auon

2
Eivar mpof, 7o < npof,y =Ara

a-f =|&”B‘GUV2?TC= 2-1[—1j =-1

G-y = dmpop,y <> di-(30i+ 28 ) = - A < 3+ 20-f=1i’ <

3laf —2=2laf @12—2=4x@x=g, dpa npoBaY=g&

52. Aivovtai Ta diaviopata d=(4,3) ka B = (1,2). Na Bpeite Tn npoBohri Tou
diaviopartog y =4 +5§ ndvw oT1o E .
Adon
G-p=4-1+3-2=10
Eivai npoBBV 1B < npoBﬁ =B
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oy =

npoB7 < B- (6i+55)=B- AP < ai-f+ B =P <

B-
2 —
10+5( +22) («/12+22)<:>35=57L<:>7»=7.’Ap0 mpoBi=TP.

53. Aivovtal ta diaviouara d= (—4,3) Kal E: (4,2) . Na Bpeite Tn npoBoAni Tou
— —12 —
dlavdouarog y = %(6~B)6+%‘B‘ B ndvw oto 4.

Auon

. _ 2 =
6-p=—4-4+3.2=-10, \Br =(\/42+22) =20, dpa =50 +5p
Eivar mpof, 7o < npof,y =Ara

oy =0-Tpof,y < - (50c+5[3) o-Adl <> 50.°+ 50 - =

2
5l ~50 = o ( (-4) +32) ( +32) < 25-50=25L <> h=-1

Apa mpop,y =—a=(4,-3).

54. Av a= (8,6) Kal é = (6,2) , Va anodei&eTe 6T npop. (a + fS) = ga.

Nuon

Eivar npof.. (&+[§) [ o, apa npof.. (&+ﬁ) =\

a-(&+[§)=&-npoﬁg(&+[§)<:>&-(&+6)=&-k&©&2+&~[§=k&2©

+&'E=7“&‘2 <:>(«\,/82+62 )2+8-6+6-2=k(\/82+62 )Z@

160 =100 <>~ 00_8
100 5
Apa npof- (&JFB):E&

55. Aivovrail Ta diaviopara 6,6 yia 1a onoia 10XVEel H =4, ‘é‘ =2 Kal (aéj = @
Na Bpeite Tov npayuatikd apiOud A £101 WOTE va I0XUEL: npoBé (a + Aé) = 4§ .
Adon
— — — — — — —2 — —
B(cu+2B)=B-mpoBy(a+1p) < a-B+Ap =B-4p
—| = -2 — -2
‘a“ﬁ‘cov%+l‘ﬁ‘ —4f = 4-2-(—%)%22 =4l &-4+a1=16 =
4h=20=1=5
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Na Bpeite Tov npayuatikd apiOud A £101 WOTE va I0XUEL: npoBafsé (Aa + é) =0.

Ndon
d-ﬁz|&”[§‘cuv5—6n:\/§-2(—§]=—3
(&—3[3)(7»6(+[§)=(&—3B)-npo[3&736(K&+B)=(&—3B)-6=O<:>
7 +6-f-3ha-f-3F2 =0 = Alaf ~3+0n-3|f[ =0

3%—3+9X—12:O<312X:15<3k:%

57. Aivovtal ta diavdopara a,é yla 1a onoia 1Io0xX0El |6| = \/5, ‘é‘ =2 Kkal a-é: 2.

a) Na anodeigere 6m a |f B.

B) Na unoloyicete Ta K,A € R yia Ta onoia 10X0el:
npopB; (Ka + (2 - K)é) = 4ka—2\B
Adon

A

a) Av &llB,TéTe (&:ﬁ):0° n180°, dpa cov(oc,B)zl n —1 kai
&-a:|&”[§‘:2xﬁ n d-ﬁz—|&”[§‘:—2\/§ nou eivai drorno.

B) &(K&+(2—K)[§):6L-Tcp0[3& (K&.+(2—K)[§)@&(K&.+(2—K)[§)=d(4K6L—27u[§)<:>
K62 +(2- k)6 B=4Kd’ —2hd-B < 2k +2(2-Kk) =8k — 4L
8k—4h =4 <A =2k-1(1)
mpoB, (K&+(2—K)B) || & <> mpoB, (K&+(2—K)B) = X0 &
4x6.— 20 = Xd <> (4k—X )~ 24P =0

[§><:> o ||[§ rnou eival arono.

Av 4x—x#0, 101E O = 22
4k —X

4 —X

Av L =0, 161E ﬁ: &@ﬁll& nou €ivai daroro.

Apa dk—X=0<x=4k kal AL =0. Téte and tnv (1) ivai KZ%.

58. Eotw 61 1a diaviouara a,é gival ol KABeTeg CUVICTWOEG dlaviouarog Y Je
|V| =545 ka1 d=(3,-6). Na Bpeite Ta diavicuata a,p.

Auon
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B-y=p- nposﬁms y=p- B@Jﬁﬂﬂwv Bv)=\B\
5\5ouv[ 90"~ (6, 7) ] =[] <= 5vBnm(a.7) =[]

, - . . (3Y o
Eivar np?(a,7)+ovv?(a,7)=1< np? (a,y)+(gj =lonp? (a,y)zl—gzg Kal

eneidn (a,y)< 90" eiva nu(d,?):% (2).

Ano Tig oxéoelg (1),(2), npokunTel 6T 5\/_ ‘[3‘ ‘B‘ 4\/_

Eotw 61 B=(x,y), 1618 ‘B‘ 4f<:>«fx +y? =45 < x2+y? =80 (3)
Eneidn 1a o f& elval ouVIoTOOEG Tou 7 1oxUel o1z § = +B =(3,~6)+(x,y)=(x+3,y-6)
Eneidn o-y =a”, éxoupe
2
3(x+3)—6(y—6):( 32+(—6)2) & 3x+9-6y+36=45< x=2y(4)
H oxéon (3), Aoyw Tng (4) yivetar 4y® +y> =80 «<>5y* =80 <> y* =16 <>y =4
Av y=4,161€ (4)=>x=2-4=8 ka1 B=(8,4), y=(8+3,4-6)=(11-2).
Av y=—4,161€ (4)=>x=2(-4)=-8 kaI p=(-8,-4), 7=(-8+3,-4-6)=(-5,-10)

59. Aivovrtal Ta pn undevikd diaviouara a,é yla Ta onoia 1Iox0el o11: 3§—npoBEa =0.

Kai a —4npoBa§ =0. Na anodeiEete oT:

a) |d =2|§|V3 B) (a8)=¢-

Auon

=3, &—4npo[3&[§ =0 < mpop,f=

ENJ =Y

— 2

&-B=d-npoﬁaﬁeé-ﬁ=d%©&-ﬁ=% dpa

&3 = lof =12 =[] - 2438

B) ouv(df)= a-p __ 3p° 3W 33 33
al 23lEE 245 M‘/ 2\/_ 2(Va]  ©

3 .
2
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60. Av \7=6+25 e a0 kal (a éj—— va anodei&erte Ot1I: ‘npoB v‘ ‘ ‘ ‘B‘
Adon
Eivar a-v :a-npoB&\ja &-(&+2B) =‘&‘-‘npoﬁa;‘cov0° =
&2 +2&-B=‘&‘-‘npoﬁ&;‘©

i )l oo ] =

o= ropi
jdl=0

o7 +2‘&‘. ﬁ‘ Govz?n = ‘&‘-‘npoﬁ&\;‘ =

oo - ) = ooz | = fmpop; ] =]e-[8

61. Aivovtal Ta diaviouara a,é HE a=0.Na anodei&eTe om:

b g B) |npoB, 6| = ‘a‘ ‘B‘

(l

a) npop.p =

Auon

a) Eneidf mpoP- vl o, 1oxUel 6T mpo-v=2a (1).

T

Eivai ocB ocrcpoB [3<:>oc[3 aka@aﬁ koc <:>OLB 7»)0(‘@7»

Tote n oxéon (1) yiverar: npoB [3 a (_i

\a\

ol | Ja] -
S Y E =Y T S
o o

B) [mpo

\a\

62. Av a=0 kai M, v € R, va anodei&ere 611 npoB. (pfS + V\?) =M npoBaé +v- npoBaV .

Auon

mpof; (u+v7) Il 6 < mpop (u+vy)=xai,
npOB&ﬁ”&@npOBaﬁ:K& kal poP_v |l a. <> mpoP-y =Aa
Gi-(uB+Vy) =i pop, W+ VY ) <> ot B+ vai-j = i+ (y) <
u&-ﬂ:poB—B+v& npof-y = R

ML (i) +

6(( ) ¥ 0 <> pKe’ +VAa® = o’ c> UK+ VA =7
Téte mpof. ( E ) wc+vk)oc picoL+ VAa = p- mpof. B+v mpof-y
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63. Aiveral Tpiywvo ABI pe A(1,-3), B(-3,0) kai I'(4,4). Av AA To Uyog Tou
TPIYWVOU, va UNOAOYICETE TIG CUVTETAYUEVEG TOU dlIavUouaTog BA.
Adon
MapartnpouUpe oTi BA= npoﬁﬁﬁ.
Ensidn ﬁllﬁ, loxUe1 611 BA=ABT .
BI'-BA =BI-npof_.BA <> BI-BA=BI-BA &

R I, . I, 2
BF-BAzBF-kBF@BF-BA:kBFZ@BF-BA:k’BF‘ (1).

Eival BA=(1+3,-3-0)=(4,-3) kaI B[ =(4+3,4-0)=(7,4). B A
H oxéon (1) yiverar: 4-7+(—3)-4=X(\/72 +47 )2 &16=65-A A= é—g

Téte }ﬂ:ﬁ(m): Hz o)
65 65 '65

64. Aiveral Tpiywvo ABI e A(3,-2), B(0,1) ka1 '(4,5). Na Bpeite

a) Tn npoPBoAn tng Al otn BI'. Ti cupnépaocpa npokuntel yia 1o Tpiywvo ABI;
B) Tn npoBoin Tng diauécou AM orn BI'.

Auon

a) Eivar AI'=(4-3,5+2)=(17) ka1 B[ =(4-0,5-1)=(4,4). A
npoBBr-EzAT“HIf@AT"sz

ﬁ-A—FzB—anoﬁgrﬁz ﬁ-(kﬁ)zkﬁz =

, |\
1.4+7.4:;b(\/42+42)@32=32x@le. B A M r

Téte E = ﬁ < A=B, dnAadn 1o Tpiywvo ival opBoywvio oto B.

0+4_ 2, Yy =$ =3 3nhadn To M éxel cuvtetaypéveg (2,3) Kal

AM=(2-33+2)=(-15).
npoBBrm=m||lf®m=klf

B) Eivar x,, =

ﬁ-MzB—anoBﬁA—Mzﬁ-(kﬁ)z KBI <

4(—1)+4-5=|<(\/42 +4? )2 @16:32k<:>k=%, dpa m=%§=%(4,4):(2,2)
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65. Aiveral Tpiywvo ABI pe (AB)=2, (AlN)=6 kai A =60".
a) Na unoloyiocete Tn npofoAn Tou Al othv AB.

B) Av M péoo g BI, va anodei&ete 6m npoﬁﬁm = %EF .

Ndon A
a) @-Ez‘ﬁ‘-‘ﬁ‘oovAzZ-G%zG /
Eival npoﬁﬁﬁzﬁllﬁ©npoBEE=XE A
Eival E—E:Aﬁ-npoﬁ@?rzxﬁz@6=4x@x=g. M
Apa npoﬁﬁﬁzgﬁ r
B) Eival tpoP,- AM =AM = kBl
. . . . . AT 4 AR . _\2
BI'-AM =BT poB, . AM = kBT @(AF—AB)MzK(AF—AB) =

Al -AB _ K(ﬁ _ZAT.,@+,@2)<:> ‘mz _‘ﬁr - zKOEr _12+\/ﬁm PEUIN

36—4=2K(36—12+4)<:>32=56K<:>K=%. Apa npoBﬁMZ%ﬁ

66. Aiveral tpiywvo ABIT o1o onoio 1I6XxU€l 4TI ‘npoﬁﬁﬁ‘ = ‘npoBE ﬁ‘ . Na

anodei&ete o1 TO Tpiywvo €ival opOoy®vIo N IGOOKEAEG.
Adon

Eivai E-E:E-npoﬁﬁﬁ Kal E-Ezﬁ-npoﬁﬁﬁ.’ﬁ\po
‘E‘ ‘E‘ CLVA = ‘E‘ . ‘npoﬁﬁrf‘cov0° = ‘E‘GDVA = ‘npoﬁﬁﬁ Kal
‘EHE‘ GUVA=‘EHTC[)OBEE‘GUVOO @‘@‘GOVAZ‘TEF)OBEE .

Eneidn ‘1‘cpo[3HB TF‘ = ‘npoBA—r E‘ , l1oXU€l OTI:

‘IF‘ OULVA = ‘@‘ OLVA & ‘KF‘ GUVA—‘E‘GUVA =0 GUVA(‘E‘ — AB‘) =0

ovvA =0 dpa A =90, ondre To Tpiywvo gival opBoywvio n

‘E‘ = ‘E‘ , ONAAdN To Tpiywvo €ival ICOCKEEC.

67. Aivovral ta pun pndevika diaviopara q,B yia Ta onoia 1Ioxdel 6TI: npoBaB = npoBéa.
Na anodei&ere 61 1a diavoouara q,B €ival ica n kabera.
Adon
Eival mpof.p |l a < mpof,f =«ka Kal TcpoBB& 1B <= npoBB& =B

npoBaB = npoBB& < K6 =AB

e ————
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Av k=0, 161E TTPOP, B=0 kai 6B = npoBa[§=0<:>&J_[§

Av k=0, 161 A =—J
K

ElvolocB BnpoBa@ BB B MB Jﬁ‘/ W@

%zd@l—KX:O@X(l— )=O<:>k=OnK:l
Av A =0, 161 oc——B , NMou €ival drono.

Av k=1, 1é1¢ TCpOBaB =G kal a=Af. Tote

@kz—@k—k2=O©k(l—k)=0©k=O na=1
MNa A=1¢eivar a=p.

68. a) Av yia Ta diaviopara G,B,V,d 10x0e1 611 G-Y=a-5, B-y=B-S Kai a;{é , va
anodeikete 6m Yy = 3.
B) Av npoB.y = npoBGS Kal "POB,;V = npoBES va anodeikere 61 ¥ =d.
AGon
@) @y=d-5ay-a-5=0cd-(7-8)=0<d L(7-3)
B-y=B-8=F(7-8)=0=PBL(¥-3).
Eotw X = \?—S. Eneidn 1o didvucpa X ypdeetdl Pe uovadIKS Tpono we YPAUMIKOSG

ouvduacpég Twv a,B, undpxouv K,A € R yia Ta onoia 1oxUel &TI X =k + AP .

X =%-%= (ko4 2B)x =ik +1JK =0>X=0e7-5=0c7=3

B) Eival &.-7 =a.-mpoB,y Kail G.-8=a.-mpof,d, onéTe G- y=06-5 (1).
Eivar -7 = - mpofi;y Kal B-5=p- Tpof; 5, apa B-y=B-5 (2).

—

And Tig (1),(2) cUpewva e To d okéNog eivaly =3 .

69. Aivovral Ta Siavucpata 4,B,y pe |6| =‘§‘ = (a B) — Kal y=xa+pB.
a) Na Bpeite 10 X yIa TO onoio 1o |\?| yiveral eAdxioTo.

Eotw X = —% . Na anodeitere 6112

B)aLy v) npoB,y = %E

Auon
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a) d,B=|d”B‘GUv§=2-2-%:2

=2 . o\2 22 L3Rz 2= G 2

vl =(xa+[3) = Xx%6% +2xa.-B+Pp% = X |d| +4x+‘[3‘ =4’ +4x+ 4

7= 24%% +x+1

To |7| yiveTal EAAXIOTO 6Tav To TPIGVUHO X2 +X +1 yivel eAdxioTo. Auté cupBaivel éTav

B 1

T e I R 1 L
= ——a|=ap-—=a " =2-=4=0<a Ll
B) a-y a(B Zaj of Zoc > oly

v) Eivai mpoB, [| B < mpopy =2p.

B-y=B-npo[3§7@6-(6—%aj=ﬁ-(x6)@ﬁ2—%d-ﬁ:kﬁz @4—2=4x@x:%.

Tote npoBBY = %B .

70. Aiveral tpiywvo ABI ue A =607, AB = q, AT =§ ue ‘E‘ = 2|6| .Eotw M 10 péco

™ng Bl kai1 onyueio A 1€1010, MOTE 2AA +3AT =5AB.
a) Na anodei&ete 611 T0 B Bpiokeral yera&u twv A,

B) Na unoloyiceTe TO e0WTEPIKS YIvopevo AB - Al cuvaptioel Tou |a| .
y) Na unoloyicete 10 ecWTEPIKS yIvopevo AA - AM cuvapTnoel Tou |6| .

©) Na anodei&ere 611 AAM > 90°,

£) Na anodeitere 611 B =90°.

ort) Na unoloyioTei n npofoAn Tou AA oTo IB.
Adon

a) 2AA+3AT =5AB <> 2AA + 3AT = 3AB + 2AB <> 3AT —3AB = 2AB — 2AA <>
3(@—@)=2(ﬁ—ﬂ)@3ﬁ=2@@@=gﬁ:@ﬁ‘ Bl ,apa 1o B BpickeTal

MeTa&l Twv LA,

B) AB-AT =|ABJ-|AT|ouvA |- 2[a|ouveo" 216"~ ~af

y) Eivai 2@+3AT“=5@@M=2E—%AT Kal H/I=%AT3+%AT“ dpa

As-AN=(2aB-_3ar|[ 2aBs LT :_\As\ﬁﬁ AF— 3 AB. AT
2 2 2 2 4
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— — 5 1. ~ 5.
A A= Sl + 288 -3 41of Sl + Jaf -3l - 3lof

AA-AM | | SN )
3) GUV(AA AM) ‘AAHAM‘ ‘AAHAM‘ <O:>(AA,AM)>90

€) BA-BI'=—AB(AI'~AB) =—AB-AT +AB =—|d[ +|d[ =0 < BA 1 BT

or) Eivai npoBFBMH [Be npoﬁﬁﬂzlr—]é
I'B-AA=TB:mpof_.AA <> B-AA=TB-A[B

(nei-ar) SA8- 34T |- (a8 AT

2" 2
5752 375 AT 975 An ., SAr? 4 AR? T AT 4 A2
~AB —ZABAT—~AB-AT +- AT =1AB ~2LAB-AT+)AT &
2|6 -afaf +g4|&|2 =laf -2la[ +anjaf < %|d|2 =31 ea=

Apa mpof ;AL => T =>(AB- AT ).

2 1éNIog MixanhoyAou

N | w
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